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Refutation of the twin paradox by considering

expansion in Lorentz transformation
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Numerous attempts have been made to refute the twin paradox
associated with Einstein’s special theory of relativity. However,
none of these, including Einstein’s answer, have made the
essential puzzle clear; namely, ‘the Earth’s clock would either lose
time or not lose time, if we assume that the rocket is stationary
and the Earth moves.” The following claim is discussed in this
paper: although the moving Earth’s clock would lose time at the
same rate, the time course would be equal to the time course
which we would assume if the Earth were stationary, because the
distance traveled by the moving Earth would be extended by
Lorentz transformation if we assume the rocket to be
stationary. In the end, the relativity not only of the clock speed
but of the travel distance must be considered in Lorentz
transformation. By considering the expansion of time and length
in Lorentz transformation that everyone overlooked, the twin
paradox is easily resolved. It is described using simple equations
and simple case studies.
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transformation, inertial frame, relativity of length, relativity of clock speed, relativity
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1. Introduction

Numerous attempts have been made to refute the twin paradox associated with Einstein’s
special theory of relativity!. However, none of these, including Einstein’s answer?, have made
the essential puzzle clear; namely, ‘the Earth’s clock would either lose time or not lose time, if
we assume that the rocket is stationary and the Earth moves.” The following claim is discussed
in this paper: although the moving Earth’s clock would lose time at the same rate, the time
course would be equal to the time course which we would assume if the Earth were stationary,
because the distance traveled by the moving Earth would be extended by Lorentz
transformation if we assume the rocket to be stationary (see Fig. 1.). In the end, the relativity
not only of the clock speed but of the travel distance must be considered in Lorentz
transformation. By considering the expansion of time and length in Lorentz transformation
that everyone overlooked, the twin paradox is easily resolved.
1. [IC®HIT

TA Y ad A ORGSR MR WD T Ry 7 20063 2 KBTI
<HD. LnL, Iady b3l LHERDEI K RET 5 & MIBROIFEEREN L 0380 &
IREMRENTT A v aZ A VS BEA TR D ZOMmXTiE,eyry bA#EIEL
TWVD ERET D LB HIERDEFFH B[R CEIA TENL DA, B < #ERDPBENIT 2 S 7 —
VUV ERBIZE o TIEREND (Fig.1 &) O T, HIERDHHIET 5 ENE LT25A & Rk
WAFR CIC72 5 2 LIZOWTIAS. Thbb, KO EZ T T BEEREOMEXHE S
H— LY BB CEETANERD S B— L Y ERIZBIT DML EIOIRE (#bN
RELLTWEZ.) 2BETD L, XFDORT Ky 7 RIHBIHHTE 5.
| l

N N
| VR |
°o-* o
inertial frame K1 Earth at rest
Rtk « $UEL TL B3R
inertial frame K2
'R k2 i< Bl i
il o - c
Earth- as- spaceship Rocket at rest
FEMEAZLIHER BiELTLSOuk

where f =1 / 1- vé/ c?, c denotes the velociy of light. Eﬁ‘;{{f: ﬁv(if&';";ﬁ_ﬂi:}ypﬂ'::'ﬁﬂnﬁzz'NAGA
Fig. 1. Expansion of distance by converting the inertial frame K1 where the earth is
stationary into the inertial frame K2 where the rocket is stationary by Lorentz
transformation (schematic figure).
Fig. 1. HIERSH 1L L CWAIEMR KL a4y RR#HIEL TWAIEMR K2 Icr—L v
VWS 5 2 LT X D HEEOSEIEERRX).
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It is described using simple equations and simple case studies in this paper. The effects of
acceleration and gravity are not considered. To understand the essentials of the special theory
of relativity, they are not needed, because as the travel distance becomes long, these effects
become relatively small. There are explanations in books and web sites that the time of the
Earth-as-spaceship ( or the twin's clock stayed at the Earth ) would go discontinuously at turning
points of round trips if we assume the rocket to be stationary, however, the time discontinuity
comes from the wrong turning points mistakenly shortened.

KL TR RN EMRER T —AAZ T ¢ THT 2. ML EHOREITERL T
. BEIERES R < e, T o ORI/ NS < 225 DT, ReARKH LR O
RKEZEBFET D 7-DIFTHER . alry R IEE > TW5A L{RET D & Earth-as-spaceship
( FHARHIER S YOREE (FE72iE, HIERIZER > 72T OREER) 25, TEERITOH D IR L AT
T B OIS EEE, B web site IZRAZIT B 505, FEHIDSAERE 72 5 IR,
fiigE > TR L7 v ik LARICERT 5.

2. Presuppositions, etc.

The presuppositions, etc., in this paper are as follows.
1) ‘Lorentz transformation’ is the transformation of coordinates and times from one inertial
frame system to another, in Einstein’s special theory of relativity. ‘Galilean transformation’ is
also described, to differentiate it from Lorentz transformation.

2) Only one direction, x, among the three dimensions of x,y,z, is selected to describe
. . . . . . t
locations. The time t and location x of a point P; is described as (t,x) or (x)

3) The difference between P;, and P; (where i and j are indices denoting individual points)
is described as AP = P; — Pj = (At,Ax), where At and Ax denote the time course and
difference in location, respectively.

4) Galilean and Lorentz transformations are applied to AP. It should be noted that the
equations in the special theory of relativity are modified in this paper; however, the essential
import of the equations is not changed.

5) ‘Motion of the Earth’ denotes neither the Earth’s orbital rotation around the sun, nor its axial
rotation, but rather, extremely high speed uniform linear motion, as is relevant to the special

theory of relativity.
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2. HMRSRMHSE

KX TIELA T 2 AR E & L.
D Te—V B 13, 74y a A ORFEAMEHRICR TS, HOEMERNSHD
TEMER~DOEE L OB TH D, B — L YL OEWNERTIZDC T4 Lo 2 H#
HPfRt L7z,
2) L& TR X, y,zD 3 DOWITLD I HOxDIHE Lz, mP, OREfilt 3 L OMLEx i

(tx) Frx(]) e g L.

3) PEPDFE (L &) 13 HxDRETRTA T v 7 A) 1%, AP=P;—P;j=(At,Ax)& LTz, Z
2 TALER L OAxIE, Rl s K UM E D 2.

4) AV LAERE m— L Y B TAPEEWRT D, T OFMCTI, Fas im0 x &
SHARTWDD, RORERRERIZEZ TW2RU.

5) THiEkOBEY & | 1%, KGO Y ORNEERLBIZ TR <, FPRRHExXHEERIC D0 5 K 5 2rFE
HAZ @R DD — T DR ER) 2 Bk T 5.

3. Galilean Transformation and Lorentz Transformation
First, Galilean and Lorentz transformation will be distinguished. The equations which
transform (Atgq,Axg,) in inertial frame K1 to (Atg,, Axg,) in inertial frame K2, which

moves at the constant velocity v, in the direction of increasing xk; in K1, are:

(-l D)
()= 7GR v

B =1/y1—-vé/c? 3),
where ¢ denotes the velocity of light. The subscripts “ G”, and “ L” denote Galilean and
Lorentz transformation, respectively.
Since (Atkq,0) is a stationary point in K1, Axg,/Atg, obtained by substituting (Atkq, 0)
into Eqgs. (1) and (2) are the velocities of K1 in K2. The velocity is equal to —v¢in both
transformations. The equations of transformations from K2 to inertial frame K3, which move

at the constant velocity —v, in the direction of increasing xg, in K2, are:

()= (2, 9

AXKS’_G - +UC 1 AxKZ_G i

AtK3_L> _ ( 1 +vc/cz) (AtKZ_L>

(AxK3_L =k +vc 1 Axka 1, ).
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The matrices in Eq. (1) vs. Eq. (4) and Eq. (2) vs. Eq. (5) are the inverse of each other, as:

("‘ic 2)=(—17c 2>_1 (©)
o V)=, YN gz

Thus, we obtain Eq. (8) from Eqs. (1), (4), and (6). Furthermore we obtain Eq. (9) from Eqs.
(2), (5), and (7):

<AxK3_G Axgq ®)
) = 9).
(AxKS_L Axgq ©)

Eq. (9) implies a refutation of the twin paradox, as illustrated by several case studies in §4.

In addition, the changing rate of the clock speed obtained by dividing Eq. (2) by Atg; is:

Tt (10).

Eq. (10) varies as a function of v and Axg,/Atgx, , which denotes the velocity of an object
moving in K1. If Axg,/Atgx, in Eq. (10) equals v, Eq. (11), expressing the delay in the
traveler’s clock, is obtained;

Atgs 1,
Atk

=1/B n),
whereas, if Axg,/Atg; in Eq. (10) equals 0, which denotes a stationary point in K1, Eq. (12) ,

expressing the expansion of the time course in Lorentz transformation, is obtained,

Atgs 1, _
Atk

B (12).

3. WV VAT n—L VB
FT, WV VAZEHE o — L Y EWOENZRT. EMER KL D (Atky, Axgy) & K1 Dxyy
DEF PN —EHEv. THEIT 2R K2 O (Atgy, Axg W ZE#T 5,

(), D)
(e)-r(, )G
p=1/[1—vte 3,

TIT, c BKOEEEFT. WATO [ Gl BEO T L) 13, ZRENS Y LA L L0

NS ey
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(Atgy, 0)iF K1 OFIESIRDT, (Atgqy, 0)% R (1), 3L TIUTRA L TH B AL D Axg, /At
X K2IZHITDH Kl OFETHDH. HETMER T—vc LD ELY. K2 205 K2 Dxg, DIE
F NS —E R E —ve TBENT D 1B R K3 ~OZEHOXUT,

()= (A D)
()=o) )

Eq.(1) & Eq.(4), BLUEq(2) & Eq.(5) OITFNTENTKRD X 9 IZHT5ITH 5.
(e 905 3
e )b

Lo T, Egs. (1), (@), BLD (6) 2»6 Eq. (8) M5B D. X HIZ, Egs. (2),(5), BLD (7) »»
b Eq.(9) BEHib.

AtKg G) (AtK1>
(AxK3_G Axgq ®)

) = (1)
)= 9).
(AxK3_L Axgq ©)

Eq. 9%, 84 D7 —ARZT £ TRT LI FD/NT Ry 7 22T 5 KB &= EWRT 5.
MELTEBLD, Eq.Q) & Atg, TELHZ LICE VBN OM S ORI,

Atgo L Axyq
—— =P (1 - vc/c? Atxl) (10).
Eq. (10)/E ve & Axgy /Aty DBEETH 5. Axg, /Aty 15 K1 TRENT 2MIK0HE %2 3. Eq.

(10)DAxg, /At Vv 72 B, FATHE ORFEFOIEN 2R T Eq. ADDBEFHILD.

———=1/P 11),
—J7, Eq. 10)DAxyq /Aty 73, K1 TOFFIERAEW®RT 5 07056, 17— L Y ZBHUZ I 5 IRFERE
HWOYREE £ T Eq. A12)R 5515,

Atyo 1L —p

Bt (12).

4. Case Studies
4.1 Outline

As aforementioned, Eq. (9) implies a refutation of the twin paradox. To illustrate this, several
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case studies, which assume the velocity ve = +c¢/2 in Lorentz transformation, will be
discussed. Space travel at ¢/2 may never actually be possible, however, the velocity is
reasonable for the purpose, because here the difference from Galilean transformation is obvious
and moderate. The principle of the constancy of the velocity of light, and the relativity of
simultaneity, of length, and of time course will first be discussed, before discussing the time
course during virtual space travel and refutation of the twin paradox. In the case studies, the
units of length and time are meter and second. The £ in Eq. (3)is 8 = 1/+0.75 = 1.15, and
1/8 = 0.86.

4. T—RARET 4

4.1 BEE

A L7291, Eq. 9) XMW TFDORT Ry 7 ZAZHTHNEBEEZEWT S, 202 & 2K
THZDIIZ, =LY BB THEv = +c/252NET D7 —AAZT £ IZO0V T D)
R D . BIFEITIT/2 TOFHMATIZEBAR DS LIV, T LA A & OE
LMNTRIVOT, FIZE L TWD. AR R FHRTT TORFRIRE & W F DT Ny 7
2N D BN DWW TR D FNZ, 7, MEEDOAREOFH, 25 ICRIRE, RS, B
L O FGB OFIEIC SN TRRDE . =2 A X T ¢ TiE, £ EEFHOBEMIT A — L
L ET D Eq. Q)DBIE, B=1/1/0.75=1.15L 1/ =0.86iC725.

Some transformed cases of AP; ; are shown in Table I. The AP; ; are transformed from K1
to K2, and then transformed from K2 to K3, at the relative velocity v¢. The positive/negative
values of v for APgs are the inverse of those for APs, because the return trip of APs, is
assumed in APgs. The AP is the sum of APs,, and APgs. The meanings of these
transformations are explained in §4.2-4.4.

AP ;DN DO LR % Table I lZ7RF. AP 1T K1 205 K2, 2 LT K25 K3 (Tl
Ve CEHL TN D. APgsTlE, APy DIREREREL TND DT, veDIEHANAPs & W TH
5. YAP 1% APso b AP s Gt L7cb D TH D, T b DOEMOEWIL§4.2-44. THT 5.
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Table I. Galilean and Lorentz transformations of AP (Time course, Difference in location).

Table I. AP ( F¥ER&E, (MLEDOE ) OF Y LA EH L o — L V2

Transformation from K1 to K2 | Transformation from K2
with velocity v to K3 with velocity v¢
AP;; or yAP | Kl
’ K2 G K2 L K3 G K3 L
Uc Uc
Galilean Lorentz Galilean | Lorentz
APyo =Py — Py (0,0) (0,0) (0,0) (0,0)
AP o = P, — P, (1,0) (1,0.5¢) (0.58,0.58¢) (1,¢0)
AP, =P, — Py (1,—c¢) +c/2 (1,—1.5¢)| (1.73,—1.73¢) —c/2 (1,—c)
AP3,0 = P3 - PO (0, C) (OI C) (_058'115C) (O! C)
AP, =P, — P, (2,0) (2,—c) |(2.31,—1.15¢) (2,0)
AP5 o = Ps — P, ttrp(z; c) ttrp(z;o) ttrp(1-7310) trp (2,¢)
APgs = Ps — Ps | tup(2,—¢) | =€/2| tp(2,0) | tup(1.73,0) | +¢/2 terp(2,—C)
YAP
ten (4,0 - ti (4,0 tern (3.46,0 - te (4,0
— AP5,0 + AP6'5 trp( ) trp( ) trp( ) trp( )

4.2 Principle of the constancy of the velocity of light

The AP;, in Table I means that the velocity of light in K1 is +c. Though the velocity in
K2 Gis changed to 0.5c, the velocity in K2 Lis 0.58¢/0.58 = c. The AP,, means that the
velocity of light in K1 is - c. Though the velocity in K2 G is changed to —1.5c¢, the velocity
inK2 Lis —1.73¢/1.73 = —c. K3 transformed from both K2 G and K2 L accords with the
original K1. The above is represented in Fig. 2, where the horizontal and vertical axes represent
the time and location, respectively, and the positive and negative velocities of light, ¢ and -c,
are represented by solid arrows and dotted arrows, respectively. The graphs of K1, K2, and K3
are arranged left to right, with the Galilean and Lorentz transformations on the top and bottom,
respectively. Though the slopes of the arrows representing the velocity of light change in K2 G,
they do not change in K2 L.
42 HHEREOFHE

Table I DAP, (1% K1 TONHEN+cTHDH I L2 EWKT 5. K2_.G TONHIT0.5ciZZED D
2, K2 L TOY#IE 0.58¢/0.58 = c T D. APyt KI TOREN -cTHDZ LA EKT
%. K2 G COXHIF—1.5cI2E DD, K2 L TO¥EIT-1.73¢/1.73 = —cTh 5. K2 G &
K2 L 22BEHS N K3 1%, L HiZtd K1 & —%T+ 5. LIE% Fig. 2 ([ORT. K FiliE &
OFEEHNIEN TR B LOMEZ R L IEOEADOREE B L O-clX, 2R ENERB X
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VEBOKRAITRLT. KLK2, BEXOKIDZ T 7IIENLADIAICEE L, BV LA 2
to— L Y BT FENFE N B X OVFENCELE LT, SO AR Y 5 KEIOE X 1%
K2 G TIZZ(LT 52 K2 L TIEZEL L7z,

K2_G ) K3_G
Galilean changed Galilean
transformation 4 | velocity of light transformation 1
v,=+cl2 o / ve=—c/2 ) /
= gl O x N j— ' (D‘ 0 % ~ -
) K1 x4 5 - hYL
1 Iigr\1t V,=+cC 2 5*’I) 2
N //’T 0 1 2 0 1 2
<0 CF - Aty 6 Aty g
x s 5
3, e
-1 A—4 K2_L K3 L
light v, = ¢ 2 | 2
-2
A constant | oy
0 1 2 5 velocity B /
Aty — > ¢ z coflight | =——» 2 ¢
Lorentz 3 RN Lorentz 5 S
transformation _4 > transformation  _4 '
v.=+c/2 \\’O ve=-c/2
-2 -2
0 1 2 0 1 2
Aloy Aty

Fig. 2. Transformed time and location of light.

Fig. 2. Jt OB L i B O,

4.3 Relativity of simultaneity, length and time course

The AP; values in Table I show that 0 sec (as simultaneity) and length of ¢ m in K1 are
transformed to —0.58 s and 1.15¢ m in K2 L, while these changes do not occur in K2 G.
The AP, values in Table I show the time course of a stationary point in K1, with 2 s in K1
changing to 2.31 sin K2 L.
4.3 [FIRE, | &, 36 X UNRFREIRRE OO FH %%

Table I DAP; (I, K1 IZ81F5 0 B (T72bbEK) TES ¢ m A K2_L TiE-058% &
1.15¢c m [ZEHI N D Z LT, 2O L9 R kT K2.G TITE Z 5720, Table I & AP,
I3, K1 COFIEAD 223 K2 L TiE 231 ICEMESND Z & 2T

4.4 Time course during virtual space travel

Here we consider a virtual round-trip space journey by a rocket from Earth to Planet A,
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located | =ty ¢ away from the Earth, at the velocity vg = c/2. If vc, which is the

velocity of the inertial frame K2 in K1, equals vy, the rocket is stationary in K2. The effects
of acceleration and gravity are not considered. To understand the essentials of the special theory
of relativity, they are not needed, because as the distance becomes long, these effects become
relatively small.

The AP5 in Table I indicates the outward journey. The time course in K1 is 2y, while
the time course in K2_L, which means the time course in the rocket, is reduced to 2tiyp/f =
1.73trp. This change does not occur in K2_G. However, the 1.73t, in K2_L is recovered to
2typ in K3. The time courses in K1 and K3 mean the time course of the clock in the Earth at
rest and the time courses of the clock in the Earth-as-spaceship. APg s means the return journey
with the velocity vg = —c/2. Here, the 2t in K1 is also reduced, to 1.73ty, in K3_L.
The time ),AP in Table I means the time course over the round-trip. The time courses in K1,
K2_G,and K3 are 4tp,, while the time course in K2_Lisreduced to 4tip/f = 3.46tp. The
above is represented in Fig. 3, with the location of the rocket represented by the vertical axis
and the time represented by the horizontal axis. The rocket is at rest in both K2 G and K2 L.

Though the time course in K2 L is reduced, it is recovered in K3.

4.4 BRI ZRFHRIT TORHRIE

22T, HUERD D DUEBERL = typ ¢ OB A ~OBE vy = /2005y ML DR
MR EEOFEHRITE BT 5. BYER KL TOEMER K2 OFEEv: vy IZELWEA, 1
7y MEK2 THIELTWS. I & B OREITZE L. BRERE 21> TIh
B OEIIAXINT NS < 72 B 728, FeABcHE R O A & BRR T 2 72 OITITL T2,

Table I DAPs, [F{ERZ 7R KI TORRFRBIL 2ty, TH Y, vl v b TORRHFIH Z
BT 5 K2_L CORFMRIEIL 2typ/B = 173t p AT 5. 2D XD 20T K2_G TiE
EZH720, LL,K2 L TO 1.73ty, 13 K3 Tid2ty, ([CR5.K1 36 L UK3 TORFRHREIE
1%, #lk U7 iR CORERRIE, ¥ J Y Earth-as-spaceship 1N COREIRIEZ BEIKT 5. APgs
(THE vg = —c/2 TOEKEERT D, 22 TH Kl TO2Uypld 173t (3843 2. Table
I © YAP OKFIFEEKIT CORMFREZ E®T 5. K1, K2 G, 3 XL K3 TORFHEFEH
(T4ty, TH DY, K2_L TIE 4typ/B = 346ty [T 2. LLEIZOW TR Y v FOALE %
Ffdh, MR Al s L7 Fig. 3 1273 7.K2 G BLOW K2 L Tldnsry MIFIELTWAS.
K2 L CIEFRFE#E AT % 23, K3 TIEITIiZ R 5.
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K2_G Galilean K3 G

Galilean a transformation —
SN L
transformation ¥ l ¥
— \o 0 ], > — 0
N‘ o
w -1 ;2 -1
K1 0 2 4 0 2 4
‘*4% 1 tK27G/ ttrp tK37G/ qrp
2 0 = outward v,=+c/2 outward v,=-¢/ 2
c =] return v.=-c/2 return v =+c/2
< K2 L K3_L
0 t 2/ 4 ‘6‘,%1 reduced ‘G% 1
kil b = time course g
L5, o0 j —3 0
¢ o
Lorentz : < 0 2 4 Lorentz x 0 2 4
transformation tKZ?L/ 4rp transformation tK37L/ 4rp

Fig. 3. Space travel at 12 the velocity of light.
Fig. 3. YD 1/2 O E TOFHIHRIT.

4.5 Refutation of the twin paradox

A fundamental refutation of the twin paradox will now be discussed, based on the case studies
in §4.1 and 4.4. The schematic in Fig. 4 shows the Earth as the point of departure, Planet A as
the turning point, and the rocket in flight. Only the outward journey is represented in Fig. 4,
because the return is similar to this as described in §4.4. The horizontal and vertical axes
represent the time and location, respectively. Lorentz transformation with velocity v¢ is
abbreviated to L( v.).

In the inertial frame system K1 (left in Fig. 4), the Earth is stationary. K1 is transformed to
the inertial frame system K2 by L(c/2) (right). We can assume, in K2, that the Earth-as-
spaceship is launched in the opposite direction to Planet A, with velocity vg = —c/2. K2 is
transformed to K3 by L(—c/2). K 3 matches K 1(left), because contractions and expansions
return completely by the transformation with the positive / negative inverse velocity. The
essence of the twin paradox refutation lies in the difference between the rocket in K1 and
the Earth-as-spaceship in K2 in Fig. 4. It is Fig. 1 that made it more schematic.

4.5 MFDR7 Ry 7 2TH$ 5 B

§4.1 BLW 44 TOr—ARZT LITHESNT, WT-D/RT Ky 7 ATxT ARG 72K
B &8~ %, Fig. 4 OFRXXIE, A E L TOHER, FTORKLAE L TOXKE A, BILOK
UNou 4y F &R, Fig. 4 TIIHERK LR L TW WD, §4.4 TRLUE LD ICEELIA
RTHLINOTHD. B, B XORERNITZ N Z M &AL RT. HE ve TOr—L
VY EWAT L(v) EERE LT,

TEME R K1(Fig. 4 O) TIIMERITE L L TW5 . K1 13L(c/2)IT & » TEMSR K2 128 X
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1% (). K2 Tl Earth-as-spaceship [Z2%2 A & X HMNZHEEvg = — ¢/2 THN D & A7pt
5. K2 1EL(—c/2) \I2L > T K3 WA S NG, IEANMOREE DR TG & REITE 2T
TCIZREDDTKIIT KL & —ET H(F). RFD/RNT Ky 7 RZkT 25 KEBEOAREIX Fig. 4 D
K1 Tor/% v b & K2 ® Earth-as-spaceship D:EWZH B, L DI LD Fig. 1 T

H5.
xc xc
( 2) - K1’K3 planet A ( 2 )_ K2
(0.¢) (2,¢)/ L(c/2) (-0.58, 1.15¢)  rocket-
a1+ @ &y~ rocket o1 | at-rest
& Ve=C/2 NS M
= L L(-c/2 = L 1.73,0
$ 0 of — coih (<</2) g0 o) el )
Tapes @o TN SO, Faten o
L (v,): Lorentz i
-2 R S transformation with -2 (231,-1.15¢) ve=-c/2
1 0 1 2 velocity v, 1 0 1 2
AtK1/ érp AI‘K1/ 4rp

Fig. 4. Transformation to an inertial frame system in which the Earth-as-spaceship moves at
122 the velocity of light, and a rocket is stationary (schematic figure).
Fig. 4. Earth-as-spaceship 73 G D 1/2 O EE TS, 1 7 > R D3RI 2 R~ O ZEHL(HEAX).

Here we reconsider the time course of the journey of distance [ in three inertial frames K1,

K2, and K3.
(1) In K1: The rocket arrives at Planet Ain Tx; = [/Vg (= 2tirp)-

(2) In K2: The rocket is at rest. The distance [ is increased to lx, = I (= 1.15cttrp), Tky is
reduced to Tk, r = Tk1/B(= 1.73tp) at the rocket-at-rest, and Ty isincreased to Tk, g =
Tx1B (= 2.31typ) at the Earth-as-spaceship. These differences do not reflect a contradiction
but rather the relativity of length and time course, as explained in §4.1 and 4.3.

(3) In K3: The Earth-as-spaceship is at rest. The distance lg, is reduced to lxz = Ik, /B =1,
Ty, g is reduced to Tyg3 g = Tk, g/B = Tk at the Earth-as-spaceship at rest, and Ty, g is

increased to Tx3 p = Tkz P = Tk1 at the rocket-at-rest as spaceship.
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These time courses and distances are doubled in the round trip as summarized in Table II.

Table II. Summary of the time courses and travel distances in the virtual space journey.

Inertial frame system ( Time course, Travel distance)
Earth Rocket

K1, and K3 where the 2] 2]

Earth is stationary (V_R 0 ) (E 2k )

K2 where the rocket is 2] 1,21

stationary ﬁ(v_R 'Zl) [_i(v_R '0>

[ and vy respectively denote the one-way distance of the round trip and the velocity of the

rocket; and B = 1/4/1 — v&/c?, where ¢ denotes the velocity of light.

Z ZCHBE OITCORERE EZ =S OEMER K1, K2, 8L VK3 THET 5.
(DKL B5y NI Tgy = 1/vR (= 2typ) TRE A IZEIET 2.
() K2: m 7y MEFIEL TV D, BEBE | 13 I, = 1B(= 1.15ctyp)ICHINL, &Ik Lizn 7y
N TUE Tk, 23 To R = Tx1/B(= 1.73typ) 123> L, Earth-as-spaceship T (& Tg; 7% Ty g =
TxaB(= 231ty VITHIINT 5. ZHDHITFETITRL, §41 BLD 43 TRLELDICRE L
R RE DFERETH 2.
(3) K3: Earth-as-spaceship (3# 1L LT\ 5. Bk, 1Tlks = ko /B = U L, 1 L7 Earth-
as-spaceship TldTyg, g% Tz g = Tk g/B = T (2 L, FHiflr & L TD rocket-at-rest Tl
Tz R)3Tk3 r = Tz rB = Tx1 (ST 5.

IRp AR & iRATRERE A TEE T 245 & LT Table ILIZE & 7z,

Table II. AR 22 FH icTT CO RIS & FRITIEEED £ & 0.

TEME R ( PRI, FRITEEEE )

HER 27y k
HERAFRIE L TV 5 K, 21 21
B LV K3 (v_R ’0) (ﬁ’21>

Zzz\ybﬁ‘i%%itb‘(b\ ﬁ(i_li'21> N %(2_1’0)

| BED vg FENENEERITOREORBE 2y FOREL T, £, B =

1/ /1—v§/c2, ZIT ¢ I3

UrR
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The twin paradox and the wrong explanations are caused by lack of consideration as follows.
(a) The expansion of the travel distance in K2 is not taken into account, probably because
Lorenz contraction is erroneously considered applicable to all transformation.

(b) Only the time course of the Earth-as-spaceship is considered in K2, probably because the
time course at the rocket-at-rest and the time course at the Earth-as-spaceship are not properly
distinguished.

There are explanations in books and web sites that the time of the Earth-as-spaceship ( or the
twin's clock stayed at the Earth ) would go discontinuously at turning points of round trips if
we assume the rocket to be stationary, however, the time discontinuity comes from the wrong
turning points mistakenly shortened.

WAD/NT Ry 7 2B LOMES 72T, L TOX I ICEERENRETH .

(a) K2 CTHATIEEEDNIEIET 2 Z LM EBE SN TV RV, BELL v—L U VIUENETOE
BUTHEH SN D LIRS TV L2 THAD.

(b) K2 "TlX Earth-as-spaceship DKffli] L2YEfE S 71T 72l % 5 < rocket-at-rest "CDRF[i]
%1 & Earth-as-spaceship TORFEE A EL < KB L TWRWedHTHA ).

vy MRk E ST E{RET 5 & Earth-as-spaceship ( FHAHIER S YORERE] (F 7213,
HIBRIZ TR > 7o B DOREGEE) 25, TEEHRIT O 0 i LA CRERHIET § OF AN ERE, B LU
web site |2 A2 H 3150, BN REEEZ 72 DRI, h&E-> CTHE< LI iR LA ER
T5.
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5. Conclusion and postscript

The time courses in a virtual space journey at an extremely high speed of vg, as is relevant
to the theory of relativity, was considered. The effects of acceleration and gravity were
neglected, because as the travel distance becomes long, these effects become relatively small.

A clock in the inertial frame system K2, where the rocket is stationary, loses time at a rate of

1/ = W , where ¢ denotes the velocity of light, compared to the clock in the
inertial frame system K1, where the Earth is stationary. While a clock in the Earth-as-spaceship
in the inertial frame system K3, where the Earth is stationary, also loses time at a rate of 1/,
compared to the clock in the rocket in K2. This is not a paradox, however, because the distance
which the Earth-as-spaceship travels is extended at a rate of f in K2 (see Fig. 1.). The end
result is that the time courses of the clock in the Earth-as-spaceship equal the time courses of
the clock in the Earth at rest.

P.S.: The Earth at rest is like the rocket in K2 in Fig. 1. It may thus be worthwhile to think
about the movement of the Earth in the universe as Galileo Galilei did.
5. fhwm LB

FRXHEEER DB E 2T 5 & 9 7 @iEvg TORB R FHRITEZ B L L. I & 'O
ENIATIRBE DS R < 0 0 XN/ NS R0 THEE L. vy BFRIEEL TWHIE

IE

‘%%KZT@%%@%Wﬁ%ELT%%E@%KI@ﬁ%ﬁﬂbﬂﬁzhfmyﬂ(c:%

HYDOHFNE TEND. —F, HEKDE L L T2 1EMER K3 TO Earth-as-spaceship OF5FH K2
ou’lry N TORFHIX L T1/BOEIGTENS. L, ZiUI/NT Ry 7 A TR, 7
72 5, K2 T Earth-as-spaceship O ik THHEEIZ DEIS TIER SN D005 THh 5 (Fig. 1 BR).
fti ke & L C Earth-as-spaceship DR TORMIFRIIE, # i L T 25 #HIERORFET T R RF
LT HZ LT D,

Bl #IE LTV AHIEKIT Fig. 10 K2 Tory Yy hOXHRbEDTHSD. HVLAHI L
A DEIZFHOP TOMEDOE X IZONTEZ D Z LIHHERH 2000 Lvn
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